
PHYSICAL REVIEW E 107, 045203 (2023)

Frequency conversion, “superluminal” propagation, and compression of a powerful microwave
pulse in propagating ionization front
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Frequency up-conversion (∼10%) and compression (almost twofold) of a powerful (� 250 MW) microwave
pulse in the propagating ionization front produced by the pulse itself in a gas-filled waveguide, is investigated
experimentally and analyzed theoretically. Pulse envelope reshaping and group velocity increase manifest them-
selves in a propagation of the pulse faster than in the empty waveguide. A simple one-dimensional mathematical
model allows the adequate interpretation of the experimental results.
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I. INTRODUCTION

Interest in the propagation of electromagnetic waves in
the so-called time-varying media, is not new [1], but at-
tracted renewed attention during the last decade (see, e.g.,
the review articles [2,3]) because of various potential ap-
plications and novel approaches in such media development
[4,5]. Currently, experimental and theoretical efforts in this
field are concentrated mostly in optics. Various metamaterials
are considered as an appropriate medium, whereas initially
this function was mainly assigned to plasma. Indeed, propa-
gation of electromagnetic waves in time-varying media was
studied theoretically during the second half of the previous
century (see Ref. [6] for a historical overview). A major
part of these studies dealt with waves propagating in plasma
(see, e.g., Ref. [7]). However, despite impressive advances
in theory, experiments demonstrated a very modest record of
achievements.

In this paper, results of experiments and theoretical model-
ing of the evolution of an electromagnetic pulse propagating
synchronously with the ionization front produced by the pulse
itself, are presented. The use of a high-power, about 250 MW,
short (0.5 ns) microwave pulse made possible to demonstrate
record (∼10%) frequency conversion from 9.5 to 10.5 GHz.

II. SIMPLIFIED THEORETICAL MODEL

Before proceeding to the experiment, let us analyze the
expected results and its possible interpretation. An electro-
magnetic pulse is injected through a transparent window into
a gas-filled waveguide. If the microwave pulse power is large
enough, the electric fields cause gas discharge producing
plasma with rapidly growing density while the ionization front
propagates together with the pulse. Thus, each spatial part of
the pulse propagates in the plasma, which density is equal
to the density at the entrance at the corresponding instant t0
when this part passed through the window. Here it is assumed
that the pulse shape does not change considerably during
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propagation. Suppose that the plasma density gradient in the
frame of reference of the pulse, is small, dn/dz∗ � kn, then
the local frequency ω(z∗, t − t0) and the local wave vector
k(z∗, t − t0) of the pulse are connected by the dispersion re-
lation

ω2 = c2k2 + ω2
c0

+ ω2
p(z∗) ≡ c2k2 + ω2

c (z∗). (1)

Here z∗ is the longitudinal coordinate in the frame of refer-
ence of the pulse, ωc0 is the cut-off frequency of the empty
waveguide, and ωp is the plasma electron frequency. The
wave, the propagation of which in the medium with comoving
space- and time-varying parameters is governed by dispersion
relation (1), experiences a frequency variation [7,8]

dω(t)2

dt
= ∂ω2

c

∂t

∣∣
∣∣
t0

. (2)

The derivative d/dt is calculated along the characteristic z =
vg(t − t0), where vg is the wave group velocity, and the right-
hand side is calculated at the entrance z = 0 at time t0. The
plasma frequency growth is described as

∂ω2
p

∂t
= νω2

p, (3)

where ν is the ionization frequency. Equations (2) and (3)
show that the wave frequency increases along the wave’s path
resulting in the increase in the wave group velocity and the
latter can exceed the group velocity in the empty waveguide.

The value of the ionization frequency ν depends on the
energy we ∝ E2

0 of electrons, which oscillate in the electric
field of amplitude E0

ν = ng〈σi(we)|ve|〉 ≡ ngI
(
E2

0

)
, (4)

where ng is the neutral gas density, ve the electron velocity,
σi(we) the ionization cross section, and the chevrons repre-
sent averaging over the oscillation period. It follows from
Eqs. (2)–(4) that different parts of the pulse experience dif-
ferent frequency shift and, correspondingly, propagate with
different group velocities, resulting in the local compression
or stretching of the pulse. These equations describe quali-
tatively the pulse compression and frequency shift, while a
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FIG. 1. (a) The electron impact ionization cross section as a
function of the electron energy [20]. (b) Normalized electric field
amplitude along the pulse (shaded area), the normalized ionization
rate (dashed line) and the normalized frequency shift rate (solid line)
vs. time.

complete description is challenging. Indeed, the amplitude E0

of a wave, propagating in the waveguide, is inhomogeneous
in the transverse plane resulting in a transverse position, 	r⊥,
dependent plasma density. Then, the dispersion Eq. (1) keeps
the same form, but the relation between ωc and ωp(	r⊥) should
include the integral characteristics of the plasma density dis-
tribution. Note, that redistribution of the plasma density in
the transverse plane, on its own, leads to wave frequency
shift [9]. Next, the compressing/stretching changes the pulse
envelope along the propagation path, while Eq. (2) in combi-
nation with Eq. (3) is valid when these changes are neglected.
Also, Eqs. (1) and (2) should be supplemented with equations
that describe evolution of the cut-off frequency ωc(t ). Never-
theless, despite these complications, the experimental results
described below are evidence that the combined propagation
of the pulse and the ionization front can be described by
Eqs. (1)–(3) quite well.

The electron impact ionization cross section, Fig. 1(a),
depends nonmonotonically on the electron energy [10]. The
energy of the oscillating electron is defined by a local power of
an electromagnetic pulse. When the maximum pulse power is
so large that the electron energy exceeds significantly the en-
ergy corresponding to the maximum ionization cross section,
the ionization rate at the temporal center of the pulse can be
much smaller than at its leading and rear parts. Consequently,
the ionization rate I[(E2

0 (z∗)] is a two-humped shape curve

FIG. 2. Pulse envelope at the waveguide entrance (shaded area),
the envelope of the pulse at the waveguide’s output end (solid red
line), and the trajectories of the pulse layers in time (gray lines).

when considered along the pulse [Fig. 1(b)]. When the dip in
the ionization rate is sufficiently deep, the time dependence of
the rate of the pulse’s local frequency shift is also character-
ized by two local maxima [Fig. 1(b)]. The second maximum,
is always higher than the first, because the rate of the plasma
generation is proportional to the plasma density which is an
increasing function of time.

Whether the shape of the ionization rate is two-humped or
not, the rear part of the pulse experiences larger frequency
up-shift than the leading part resulting in that the rear part of
the pulse moves faster than the leading part, which leads to
compression of the pulse. Note that reshaping of the pulse’s
envelope can lead to an apparent propagation velocity exceed-
ing even the speed of light in vacuum [11,12].

Let the pulse amplitude E0(t, z), local frequency ω(t, z),
local group velocity vg(z, t ) and plasma density n(z, t ) at some
distance z be known for time −∞ < t < ∞. It is desired to
find all these quantities at a distance z + �z. Let us represent
the pulse at point z as a set of discrete numbered time layers,
each following the other along time and characterized by its
own amplitude, frequency, and group velocity. Layer i, prop-
agating along the distance �z, produces an additional plasma
density �ni during the propagation time �ti = �z/vgi , as
described by Eqs. (3) and (4). Assuming that this additional
density is distributed uniformly along the distance �z, a
new plasma density temporal sampling at the point z + �z
is obtained. It is important that the new sampling is given
at nonequidistant points in time t ′

i = ti + �ti, even when the
sampling was equidistant at point z. By virtue of the energy
conservation law, the new amplitude of the wave in layer i
either increases or decreases depending on whether the new
sampling is compressed or stretched. The new frequency is
calculated using Eq. (2) and the density’s temporal profile
at point z + �z. Next, using z + �z as a new starting point,
the pulse parameters and the plasma density at z + 2�z are
calculated, and so on. Evolution of the pulse envelope and
trajectories of the pulse layers are shown in Fig. 2.

III. EXPERIMENTAL SETUP AND DIAGNOSTICS

In Fig. 3, a sketch of the experimental setup used is shown.
The high-power microwave (HPM) pulse (power ∼ 250 MW,
duration ∼0.5 ns, carrier frequency ∼9.5 GHz, TM01 mode)
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FIG. 3. Sketch of the experimental setup.

is produced by a superradiant backward wave oscillator (SR-
BWO) (see [13,14] for detail).

A 28-mm-diameter circular waveguide is connected at the
output of the SR-BWO with a calibrated coupler (#1) [15] at
its center. This is followed by the gas tube, filled with helium
or air at the desired pressure. Inside the gas tube, the HPM
pulse propagates in a 28-mm-diameter solid-wall waveguide
with 2-mm-diameter drilled holes for gas filling. A second cal-
ibrated coupler (#2) is connected at the exit from the gas tube
followed by an impedance-matched horn antenna. Couplers
#1 and #2 measure the incident, transmitted, and reflected
wave forms acquired by an Agilent DSO81204B oscilloscope
(12 GHz, 40 Gs/s). At the entrance and exit of the gas tube,
a 0.3-mm-thick Mylar interface window is installed to isolate
the vacuum/gas/vacuum media.

IV. EXPERIMENTAL RESULTS

Transmitted microwave power wave forms in helium
within the pressure range 10−4−12 Torr are shown in
Fig. 4(a). The wave forms are averaged over 10 shots and
each transmitted wave form is normalized to the maximum
of the corresponding incident power wave form. One can see
that at P < 6.5 Torr the transmitted power is similar to that
obtained at P = 10−4 Torr. Within the pressure range 7.5–8.5
Torr, transmitted power wave forms show significant (up to
50%) compression and power of up to 100% higher than the

incident pulse power. At higher pressures, although the power
and width decrease significantly, the pulse propagates faster
than in an empty waveguide.

The dependence of the transmission coefficient, η, defined
as the ratio between the peak transmitted and incident power
on helium pressure, is shown in Fig. 4(b). One can see that
the value of η remains almost unchanged up to P = 7 Torr
and a sharp increase in η is observed in the narrow range of
pressure, P = 7.5–8.5 Torr. The value of η decreases when
P > 8.5 Torr, approaching almost zero for P > 11 Torr. The
increase in value of η is to be related to the pulse compres-
sion seen in Fig. 4(a). The decrease in η as the pressure
increases is the result of pulse energy losses due to increased
ionization/excitation frequency and plasma electron heating.
Similar results were obtained for air. For air, the range of
pressures where 1 < η < 1.2, was obtained for 1.4 � P � 1.6
Torr and at P > 3 Torr the transmitted pulse power becomes
negligible.

In Figs. 5(a) and 5(b), the transmitted normalized pulse
power wave forms exiting from vacuum and from P = 8
Torr helium, respectively, are presented. Whereas in vacuum
the central frequency is fc ≈ 9.5 GHz [Fig. 5(c)], in P = 8
Torr, the spectrum becomes broader with central frequency
at fc ≈ 10.5 GHz and the frequency upshift at the pulse tail
is higher than that at its front. The latter demonstrates pulse
self-compression caused by fast ionization within the pulse
as suggested by the theoretical model. Figure 4(a) demon-

FIG. 4. (a) The transmitted microwave power envelopes obtained at different pressures in a helium-filled cylindrical waveguide (average
of 10 pulses); (b) The dependence of the transmission coefficient on helium pressure.
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FIG. 5. The transmitted HPM pulse in vacuum (a) and in P = 8
Torr helium (b) and their the time-frequency analysis in (c) and (d)
respectively.

strates the “superluminal” propagation of the pulse at pressure
�8 Torr.

Comparison of the local dominant frequency variations
along the incoming and outgoing pulses is shown in Fig. 6.
The frequency shift in the outgoing pulse is a two-humped
shape with a dominant second maximum similar to the be-
havior seen in Fig. 1(b). It is necessary to note that this
phenomenon is peculiar feature of microwave gas discharge,
when electron impact ionization is the main mechanism of the
plasma formation, while in the optics frequency range this is
photoionization. The photoionization cross section, in contrast
to the impact ionization, is independent of the electromagnetic
wave amplitude.

The frequency spectrum of the incoming pulse is rather
broad [see Fig. 5(c)] so that the dispersion can change the

FIG. 6. Wave form (shaded area) and local frequency (solid red
line) of the incoming (a) and outgoing (b) pulses for 8 Torr helium.

FIG. 7. (a) Normalized power of the incoming (blue line) and
outgoing (shaded area) pulses in the empty waveguide; (b) Frequency
spectra of incoming and outgoing pulses.

envelope of the pulse during its propagation in the empty
waveguide, while the spectrum remains unchanged. Indeed,
propagation in the empty waveguide leads to increase of the
pulse duration and decrease of the maximum power, as it is
shown in Fig. 7(a). However, the spectra of signals obtained
by the couplers #1 (incoming signal) and #2 (outgoing signal)
are practically identical [see Fig. 7(b)]. This behavior is in
contrast to that realized for the pulse propagation in the co-
moving ionization front. In addition, it should be emphasized
that 290-mm-long waveguide insert filled with gas not only
compensates the dispersion-induced spread of the pulse, but
leads to the pulse compression as well.

V. SUMMARY

In this paper the propagation of a powerful short mi-
crowave pulse in a nonstationary and nonuniform medium
with time varying parameters is studied both experimen-
tally and theoretically. The ionization front, produced by
the microwave pulse itself in a gas-filled waveguide and
the plasma density being the time varying parameter of the
medium, propagates synchronously with the pulse. The re-
sulting specific phenomena, that is, frequency conversion and
pulse compression have been demonstrated experimentally.
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Observed relative frequency shift � f / f ∼ 10% far exceeds
obtained previously experimental results � f / f ∼ 0.1% in
the microwave frequency range [16,17] and the resent result
� f / f ∼ 4% in optics (λ ≈ 1.3μ) [18]. In the microwave
experiments, only ∼0.1% frequency shift is related to small
(∼1 MW in Ref. [16] and ∼250 kW in Ref. [17]) microwave
power. Moreover, the microwave beams in these experiments
were radiated by horn antennas, so that the wave amplitude
decreased with the distance. As a result, the plasma density n
grows very slow, whereas the frequency shift is proportional

to dn/dt . Increasing the microwave power by several orders
of magnitude and eliminating the angular divergence allow us
to reach the results described above.
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